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ABSTRACT
We perform 2-dimensional relativistic hydrodynamical simulations in the con-
text of collapsar model. Calculations of explosive nucleosynthesis are also accom-
plished. We investigate the influence of the structure of the progenitor and energy
deposition rate on the resulting explosive nucleosynthesis, assuming that 56Ni is
mainly synthesized in the jet launched by the neutrino heating. We show the
amount of 56Ni is very sensitive to the energy deposition rate. Thus we conclude
that it is quite natural not to detect an underlying supernova in some X-ray
afterglows as in GRB 010921. We also point out the possibility that the relative
abundance of the elements with intermediate mass number such as Si and S in
the X-ray afterglow of GRB 011211 may be naturally explained if the energy
deposition rate at the central engine is relatively long because little amount of
56Ni should be synthesized under such an environment. If this discussion is true,
there should be correlation between the line features in the X-ray afterglow and
duration of the GRB. It should be noted that the duration of GRB 011211 is 270
seconds, making it the longest burst ever observed by Beppo-SAX although it
suffers from the effect of red-shift (zhost = 2.14), which supports our conclusion.
Our results also suggest that the type I collapsar model in which the energy
deposition rate is relatively low (E˙ ∼ 1051 erg s−1) might have difficulty in re-
producing the observed amount of 56Ni in a hypernova such as SN 1998bw. This
means that the mechanism of the central engine of a hypernova accompanying
GRB may be constrained by the discussion of explosive nucleosynthesis.
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1. Introduction
A revolution in our understanding of gamma-ray bursts (hereafter GRBs) occurred in
1997, following accurate localization of GRBs by BeppoSAX (Boella et al. 1997) and the
discovery of the afterglow phenomenon. Some GRBs and afterglows are known to have ex-
tragalactic origins, which are nicely accounted for by fireball models (Me´sza´ros & Rees 1997),
although the origin of the fireball is not yet clear.
However, there has been growing evidence linking GRBs to massive stars. The host
galaxies of GRBs are star-forming galaxies and the position of GRBs appear to trace the blue
light of young stars (Tsvetkov et al. 2001; Bloom et al. 2002; Floc’h et al. 2003). Some of
the host galaxies appear to be dusty with star-formation rates comparable to ultra-luminous
infrared galaxies (Berger et al. 2001; Frail et al. 2002). On smaller scales, there is mount-
ing evidence of association with regions of high ambient density (Galama & Wijers 2001;
Harrison et al. 2001) and the so-called dark GRBs arise in or behind regions of high extinc-
tion (Piro et al. 2002).
Moreover, there has been tantalizing evidence for the existence of an underlying su-
pernova (SN). The first association of a cosmologically distant GRB with the death of a
massive star was found for GRB 980326, where a clear excess of emission was observed over
and above the rapidly decaying afterglow component. This late-time bump was interpreted
as a contribution of an underlying SN (Bloom et al. 1999) since, unlike the afterglow, the
bump was very red. GRB 970228, also with an intermediate-time bump and characteristic
SN spectral rollover, is another good candidate (Reichart 1999; Galama et al. 2000).
It was also reported that there seems to be a physical connection between GRB 980425
and SN 1998bw (Galama et al. 1998). They discovered an optical transient within the error
box of BeppoSAX Wide Field Camera for GRB 980425. It should be noted that this SN is
categorized as a new type of SN (i.e. hypernova) with large kinetic energy (∼ 1052 ergs),
nickel mass (∼ 0.5M⊙), and luminosity (Iwamoto et al. 1998; Woosley et al. 1999). In the
analysis of an underlying supernova mentioned above, the light curve of SN1998bw is usually
used for the SN template.
Generally speaking, it is considered that it is too difficult to realize a GRB from a
death of a massive star, because a fire-ball is required to be composed of enormous ra-
diation energy (∼ 1051 erg) with very small baryon number (∼ 10−6M⊙/mp, where mp
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is the proton mass) (Me´sza´ros & Rees 1997). One of the most famous models to real-
ize a GRB and large explosion energy from a death of a massive star is the collapsar
model (Woosley 1993; MacFadyen & Woosley 1999). Collapsar is defined as a massive star
whose iron core has collapsed to a black hole that is continuing to accrete envelope matter at
a very high rate. Woosley also pointed out that there will be two types for collapsars. One
(type I collapsar) is that the central core immediately forms a black hole with an accretion
disk. In the other case (type II collapsar), the central core forms a neutron star at first, but
the neutron star collapses to a black hole with an accretion disk due to the continuous fall
back. In both types, it is pointed out that an accretion disk should be formed around the
central compact object and neutrinos should be emitted from the innermost region of the
accretion disk through the electron (positron) capture and electron-positron pair annihila-
tion (Berezinskii & Prilutskii 1987; MacFadyen & Woosley 1999). Finally, a strong jet with
large radiation energy and small baryon number, which is required to produce a GRB, is
generated around the polar region due to the pair-annihilation of neutrinos that come from
the accretion disk and/or MHD processes. In fact, it is reported that the narrow line of
oxygen and broad lines of iron in SN 1998bw can be well reproduced when jet-like explosion
is assumed (Maeda et al. 2002).
One may have thought that the system of a GRB has been well known and there is no
question about that. That is, a GRB is born from a death of a massive star which collapses
and makes a black hole at the center forming a strong jet with a large photon to baryon
ratio, large explosion energy of order ∼ 1052 ergs, and a great amount of 56Ni (∼ 0.5M⊙)
that makes the underlying SN so luminous that it is categorized as a hypernova. However,
there are some important problems with GRBs.
First, it is reported that no coincident SN is detected at 99.7% confidence by Hub-
ble Space Telescope in GRB 010921 to a limit 1.34 mag fainter than SN 1998bw. The
host galaxy’s redshift is relatively low (z=0.451), which made intensive multi-color ob-
servations possible. It is also pointed out that the observed luminosity of SN 1998bw
may be reproduced with a smaller amount of 56Ni than that required in the spherically-
symmetric models by invoking the angle-dependent luminosity expected from asymmetric
explosion (Wang et al. 2002). Thus it seems to be still uncertain whether a massive star,
that makes a GRB, always produces much of 56Ni.
Second, there are some reports on the strong iron Kα emission lines (Piro et al. 1998;
Piro et al. 2000; Antonelli et al. 2000; Yoshida et al. 2001) in X-ray afterglows. Moreover,
there is a report of emission lines of Mg, Si, S, Ar, and Ca with an outflow velocity of order
0.1c in the X-ray afterglow of GRB 011211 (Reeves et al. 2002), although it seems to be still
controversial (Rutledge & Sako 2002). At present, the origin of these lines is still open to
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arguments. We should investigate whether these features can be explained in the context of
collapsar model.
Third, it is an open question whether 56Ni is synthesized enough to explain the light
curve of SN 1998bw in the collapsar model. As explained below, there is an inconsistent
treatment between the collapsar model and the hypernova model. In a simulation of the
type I collapsar, the mass accretion rate is estimated to be ∼ 0.07M⊙ s−1 in the phase of
jet formation (MacFadyen & Woosley 1999), and the timescale of neutrino emission from
the accretion disk is also estimated to be about 10 seconds since the temperature of the
inner-most region of the accretion disk becomes lower than 1 MeV after that and electron-
positron pair creation becomes impossible. As a result, the neutrino emission from the
accretion disk ceases (MacFadyen & Woosley 1999; Nagataki et al. 2003). In fact, the ther-
mal energy is usually injected around the polar region at a rate E˙ ∼ 1051 erg s−1 for
about 10 seconds in numerical simulations, which makes the total explosion energy ∼ 1052
ergs (MacFadyen & Woosley 1999; Aloy et al. 2000). On the other hand, in a simulation
of explosive nucleosynthesis in the context of a hypernova, total explosion energy is put at
once below the mass cut that divides the ejecta from the collapsing core as an initial condi-
tion (Maeda et al. 2002). In their simulations, considerable fraction (≥ 0.5) of the explosion
energy is given as kinetic energy, as opposed to the simulation of collapsars. Also, the pro-
genitor of a hypernova is assumed to be spherical. Thus it should be necessary whether these
simulations are consistent with each other or not. That is, we should investigate whether a
collapsar model can explain the phenomenon of SN 1998bw as in the hypernova model.
It should be noted here that the accretion disk around the central black hole may
be the site where 56Ni is synthesized (Woosley et al. 1999; MacFadyen & Woosley 1999;
Woosley 2002; Pruet et al. 2003). Pruet et al. (2003) calculated electron fractions in the
accretion disk and found the proper condition to produce 56Ni in the disk. They also pointed
out the possibility that a considerable amount of 56Ni can be driven by the disk wind. Al-
though their scenario is widely supported to be very promising, the quantative evaluation
of the yields has yet to be done. In this study, we consider another possibility that 56Ni
is synthesized in the jet, as investigated in Maeda et al. (2002). Thus reader should be
reminded that this is our assumption in this study. We also have to note that the opening
angle of the jet launched by the neutrino heating has to be large in our scenario, as shown in
the following sections, to produce a large enough amount of 56Ni to explain the luminosity
of the hypernova such as SN 1998bw. Such a wide jet will not make a GRB because a bulk
Lorentz factor can not be so large as to realize a fireball. Thus, in our scenario, another
narrow jet produced possibly by MHD effect ir as a small part of the wider jet will be needed
to realize a GRB. In this study, however, we do not consider it explicitly, since, if any, it
should have little influence on the product of explosive nucleosynthesis because the baryon
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mass in the narrow jet should quite small.
In this study, explosive nucleosynthesis is calculated in the context of type I collapsar
model. At first, a progenitor collapses and forms a black hole at the center. Next, thermal
energy is injected around the polar region to make a jet. Finally, explosive nucleosynthesis
is calculated by the post-processing method. We investigate the influence of the progenitor
structure and energy deposition rate on the results of explosive nucleosynthesis. We show
the amount of 56Ni is very sensitive to the energy deposition rate. A large amount of 56Ni is
produced when the energy deposition rate is high and vice versa. Thus we conclude that it is
quite natural not to detect an underlying SN in some cases. In such cases, we consider that
the energy deposition rate was relatively low and a small amount of 56Ni was synthesized. We
also give a discussion on the chemical composition of the ejecta of a collapsar and observed
line features in some X-ray afterglows. We point out the possibility that the variation of
chemical composition in the X-ray afterglow may be naturally explained by the variation of
the energy deposition rate at the central engine. By this discussion, we can predict that there
should be correlation between the line features in the X-ray afterglow and duration of the
GRB. We also compare the calculated amount of 56Ni with the observed value in SN 1998bw
and investigate which model is best. We show that the type I collapsar model in which the
energy deposition rate is relatively low (E˙ ∼ 1051 erg s−1) may have difficulty in reproducing
the observed amount of 56Ni of SN 1998bw and GRB 980425 and some improvements should
be required to explain these observations in the context of the type I collapsar model. This
means that the mechanism of the central engine of a hypernova and a GRB is constrained
by the discussion of explosive nucleosynthesis.
In section 2, the method of calculation is explained in detail. Results are shown in
section 3. Discussions are presented in section 4. Conclusion is given in section 5.
2. Method of Calculation
In this section, we present the method of the simulations in this study. It is true that
there are some assumptions and simplifications in our simulations. In particular, the effects
of gravitation and rotation are not included in this study. In order to realize the jet-induced
explosion, we prepare an asymmetric progenitor as an initial condition following the radial
infall with the infall timescale depending on the zenith angle. In this way, we can mimic an
asymmetric progenitor models of MacFadyen and Woosley (1999). After that, we realize the
jet-induced explosion by injecting the thermal energy around the polar region in the same
way as MacFadyen and Woosley (1999) did. Of course, this needs improvement in the future.
We explain the assumption and simplification in more detail in the following subsections.
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2.1. Hydrodynamics
2.1.1. The Scheme
We performed 2-dimensional hydrodynamic calculations using a spherical coordinate
taking account of special relativity. The calculated region corresponds to a quarter of the
meridian plane under the assumption of axial-symmetry and equatorial symmetry. The num-
ber of mesh points is 500 in the radial direction and 50 in the angular one for the calculation
of explosive nucleosynthesis. The radial mesh size is set to be constant in space, 2×107 cm.
With this resolution, the structure of the central accretion disk shown by MacFadyen and
Woosley (1999) can be marginally resolved. We did not perform 3-dimensional hydrody-
namic calculations simply for saving CPU time and memory. We employed an approximate
Riemann solver, Maquina’s flux formula (Donat & Marquina 1996; Donat et al. 1998), for
special relativistic hydrodynamic equations. The code is of first order accuracy both spa-
tially and temporally. In this study, we assume that the gas is ideal with the equation of
state p = ρǫ(γ − 1), where p, ρ, ǫ, and γ are pressure, rest mass density, specific inter-
nal energy and adiabatic exponent (=4/3 constant in this paper), respectively. Since the
hydrodynamics code is Eulerian, we use the test particle method (Nagataki et al. 1997) in
order to obtain the informations on the time evolution of the physical quantities along the
fluid motion, which are then used for the calculations of the explosive nucleosynthesis. Test
particles are scattered in the progenitor and are set at rest at first. They move with the local
fluid velocity at their own positions after the passage of the shock wave. The temperature
and density that each test particle experiences at each time step are preserved. This is the
test particle method we use. See Nagataki et al. (1997) and Nagataki et al. (1998) for more
details.
Calculations of hydrodynamics and explosive nucleosynthesis are performed separately,
since the entropy produced during the explosive nucleosynthesis is much smaller (∼ a few%)
than that generated by the shock wave. In calculating the total yields of elements, we assume
that each test particle has its own mass determined from their initial distribution so that
their sum becomes the mass of the layers where these are scattered. It is also assumed
that the nucleosynthesis occurs uniformly in each mass element. These assumptions will be
justified since the movement of the test particles is not chaotic (i.e. the distribution of test
particles at the final time still reflects the given initial condition) and the intervals of test
particles are sufficiently narrow to give a smooth distribution of the chemical composition
in the ejecta. The number of the test particles are 42000. The test particles are distributed
uniformly within the radius of 7×109 cm.
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2.1.2. Initial and Boundary Conditions
As for the progenitor of SN 1998bw, it is thought to have had the mass ∼ 40M⊙
in the main-sequence stage (Iwamoto et al. 1998; Woosley et al. 1999) and had ∼ 16M⊙
helium core (Iwamoto et al. 1998). In this study, the presupernova model obtained from the
evolution of 16 M⊙ helium core (Nomoto & Hashimoto 1988) is used for the calculation of
explosive nucleosynthesis.
As explained above, we make an asymmetric progenitor from the spherical presupernova
model by assuming that matter free-falls radially during the times which depend on the zenith
angle. The infall time is determined so that the mass of the central black hole becomes 3M⊙
at appropriate time and the asymmetric progenitor resembles to the result of MacFadyen
and Woosley (1999) in which the effects of gravitation and rotation are taken into account
(see their figures 7 and/or 9). The adopted function for the free-fall timescale is
tfall = c1 exp(−(θ/σ)2) [sec] (1)
where θ is the zenith angle (in units of radian), and c1 and σ are set to be 1.0 and π/4.6,
respectively. After the radial infall, we can determine the Schwarzschild radius and the
baryon mass of the black hole. As mentioned above, the parameters in Eq. (1) are so shosen
to give the baryon mass of the central black hole 3M⊙. As will be explained in section 4, the
neutrino heating is effective as long as the mass of the central black hole is less than∼ 4M⊙.
Hence, if the mass accretion rate is ∼ 0.1M⊙ s−1 and the duration of the neutrino heating
is ∼ 10 s as inferred from the result of MacFadyen and Woosley (1999), the mass of the
central black hole will be ∼ 3M⊙ at the time of the jet launch. In fact, MacFadyen and
Woosley (1999) launched the jet when the mass of the central black hole becomes 3.5M⊙ in
their calculation, which is consistent with our treatment. Aloy et al. (2000) also launched
the jet when the mass of the central black hole becomes 3.762M⊙ in their calculation. The
density, on the other hand, at the innermost region around the polar axis is about 106 g
cm−3 and that around the equatorial plane is about 108 g cm−3 in our model, which is
similar to the result of MacFadyen and Woosley (1999). This indicates that our prescription
Eq. (1) approximately reproduces the more realistic models of MacFadyen and Woosley
(1999). It is noted that the accretion disk obtained numerically by MacFadyen and Woosley
(1999) well matches the steady state disk (slim disk) model for 3M⊙ Schwarzschild black
hole (kerr parameter a = 0), viscosity parameter α = 0.1, and accretion rate of 0.1M⊙
s−1 (Popham et al. 1999). Since we here mimiced the numerical result of MacFadyen and
Woosley (1999), the situation we consider corresponds to the accretion disk around the black
hole with the parameters mentioned above. The dependence of the explosive nucleosynthesis
on different initial conditions will be reported in the forth-coming paper. For comparison,
we also prepare a spherical model in which the free-fall time does not depend on the zenith
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angle. The mass of the central black hole is again set to be 3M⊙. The density contours of
the progenitors in this study are shown in Figs. 1 and 2, with the former corresponding to
the spherical model and the latter to the asymmetric model. In the asymmetric model, the
upper hemisphere is shown.
It will become useful to evaluate the free-fall timescale in the central region of the
progenitor and mass accretion rate assuming the free-fall. The free-fall timescale can be
estimated as (Woosley 1986)
τff =
1√
24πGρ
∼ 446
ρ
[sec]. (2)
The mass accretion rate in the case of free-fall can be also estimated using the mass coordinate
and τff as
M˙(r) =
Mr
τff
[M⊙ sec
−1], (3)
where Mr is the mass coordinate which means the enclosed mass within the radius r from
the center of the progenitor. In Fig. 3, we show the estimated free-fall timescale and mass
accretion rate in the case of free-fall as a function of the mass coordinate. We can check from
the figure that the mass of the central black hole becomes ∼ 3M⊙ in 1 second in the case
of free-fall. As briefly explained in section 1, the neutrino emission from the accretion disk
around the black hole ceases when the temperature of the inner-most region of the accretion
disk becomes lower than 1 MeV. This corresponds to the time when the mass of the black
hole becomes ∼ 4M⊙ (see section 4 and Fig. 12). Thus we can find from the figure that
the energy deposition from the accretion disk ceases within 2 seconds in the case of free-fall.
Further, we can estimate the thermal energy deposition rate due to the pair annihilation of
(anti-)neutrinos as a function of the mass accretion rate, which we will discuss in section 4.
After making the asymmetric progenitor, the thermal energy is injected at the inner-
most grid around the polar axis at a rate E˙ = 1051 ergs s−1, which is a common treatment
for the calculations of collapsars (MacFadyen & Woosley 1999; Aloy et al. 2000). We do not
consider explicitly how infalling matter are inverted. Instead, we assume that the momen-
tum balance is achieved when the mass of the black hole becomes 3M⊙. After the launch
of the jet, the thermal pressure dominates the ram pressure since the accretion energy has
declined to about a few times 1050 erg s−1 at that time (MacFadyen & Woosley 1999). For
comparison, we also perform the computations in which the total explosion energy (= 1052
ergs) is put instantaneously at the innermost grid around the polar axis. The models investi-
gated in this study are summarized in Table 1. In Models Sa/Aa, the spherical/asymmetric
structure is adopted as a progenitor into which thermal energy is injected at a rate E˙ = 1051
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ergs s−1. In Models Sb/Ab, the total explosion energy is deposited instantaneously to the
spherical/asymmetric structure.
As for the boundary condition, the reflective boundary is adopted on the equatorial
plane and symmetry axis for simplicity. It is true that some fraction of explosion energy
and matter falls into the black hole. However, we do not observe these energy and matter
and are not interested in their chemical composition, either. Hence we consider that the
deposited energy in this study corresponds to the observed explosion energy, 1052 erg.
2.2. Nuclear Reaction Network
Since the chemical composition behind the shock wave is not in nuclear statistical equi-
librium, the explosive nucleosynthesis has to be calculated using the time evolution of (ρ, T )
and a nuclear reaction network. We obtain (ρ, T ) comoving with the matter by means of the
test particle method mentioned in subsection 2.1.1. The nuclear reaction network contains
250 species (see Table 2). We add some species around 44Ti to Hashimoto’s network that
contains 242 nuclei (Hashimoto et al. 1989), although it turned out that the result was not
changed essentially by the addition.
3. Results
We first show the results of hydrodynamical calculations. In Figs. 4, 5, and 6, we draw
the contours of temperature for the spherical explosion models at t = 1.0 sec, 3.0 sec, and
5.0 sec, respectively. Here we assumed the axial symmetry and equatorial symmetry. The
left panel corresponds to Model Sa and the right panel to Model Sb. It is clearly found
that the velocity of the shock wave is faster in Model Sb than in Model Sa. This is because
the energy density behind the shock is greater in Model Sb, which means that the pressure
behind the shock is greater in Model Sb.
In Figs. 7, 8, and 9, we show the contours of temperature for the asymmetric explosion
models. In these figures, only the upper hemisphere is shown. The same tendency as in the
spherical explosion model, that the velocity of the shock wave is faster in Model Ab than
in Aa, is confirmed. It is also clearly shown that the velocity of the shock wave depends
on the zenith angle and jetlike explosion is induced, although (as opposed to Maeda et al.
2002) only the thermal energy is injected. This reflects the initial density structure of the
progenitor and is consistent with MacFadyen and Woosley (1999).
In Figs. 10 and 11, we show the positions at t = 0 of the test particles with the mass
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fraction of 56Ni greater than 0.3. It is clearly seen that there is almost no region where 56Ni
is synthesized in Models Sa and Aa, whereas 56Ni is synthesized in large region for Models
Sb and Ab. In Table 3, we summarize the abundance of heavy elements in the ejecta for each
model, assuming that all unstable nuclei produced in the ejecta decay to the corresponding
stable nuclei. The amount of 56Ni is also shown in the last line. From the table, we can
easily confirm that 56Ni, which decays to 56Fe, is hardly synthesized in Models Sa and Aa
(Note that almost all of 56Fe is generated from the decay of 56Ni). It is emphasized that
the amount of 56Ni synthesized in Models Sa and Aa is less than the required amount to
explain the luminosity of SN 1998bw (∼ 0.7M⊙; Iwamoto et al. 1998). On the other hand,
the amount of 56Ni synthesized in Models Sb and Ab is almost sufficient to explain the
light curve of SN 1998bw. It is noted that the progenitor before the explosion is mainly
composed of O, Ne, and Mg (Nomoto & Hashimoto 1988), while the elements heavier than
Si are synthesized through the explosive nucleosynthesis (Hashimoto 1995). It is evident
in Table 3 that explosive nucleosynthesis occurs and the initial chemical composition of the
progenitor is changed to the heavier elements in Models Sb and Ab, while nearly no explosive
nucleosynthesis occurs in Models Sa and Aa.
Here we consider why iron elements are hardly synthesized in Models Sa and Aa while
much of them are synthesized in Models Sb and Ab. The most significant parameter in
explosive nucleosynthesis in a massive star is the temperature. The criterion for the complete
silicon burning is Tmax ≥ 5 × 109 [K] (Thielemann et al. 1996). It is well known that the
matter behind the shock wave is radiation dominated and Tmax can be well estimated by
equating the supernova (hypernova) energy with the radiation energy inside the radius r of
the shock front
EHN = 10
52
(
EHN
1052erg
)
=
11π3
45
k4
~3c3
r3T 4max [erg], (4)
where EHN is the total explosion energy of hypernova, k is the Boltzmann constant, ~ is
the Planck constant divided by 2π, c is the velocity of light. Here a spherical explosion is
assumed. This equation gives
r = 5.7× 108
(
5× 109K
Tmax
)4/3(
EHN
1052erg
)1/3
[cm]. (5)
In the case of Model Sb, 56Ni is synthesized within the edge for the complete silicon burning
(∼ 5.7×108 cm). In the case of Model Sa, on the other hand, matter start to move outwards
after the passage of the shock wave, and almost all of the matter move away (r ≥ 6×108 cm)
before the injection of all the thermal energy (= 1052 erg). This is the reason why almost
no complete silicon burning occurs in Model Sa. The situation should be the same in the
asymmetric explosion models. It is apparent from Table 3 that the chemical composition
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of the ejecta depends more sensitively on the timescale of thermal energy injection than on
the asymmetry of the initial density structure. It should be emphasized that the discussion
presented here can also be adopted to the pulsar-powered models for GRBs (Woosley 2002),
in which, as Woosley (2002) pointed out, very little nickel will be produced unless a pulsar
deposit at least 1051 erg in a few tenths of a second. In the next section, we discuss the
implication of these results.
4. Discussion
In this study, we assume that 56Ni is synthesized in the jet as done in Maeda et al.
(2002). In this section, we give further discussion under this assumption.
First, as stated in section 1, it is reported that no coincident SN is detected in GRB
010921 to a limit of 1.34 mag fainter than SN 1998bw at 99.7% confidence is detected by
Hubble Space Telescope. If we simply interpret this result as a lack of 56Ni in GRB 010921,
the amount of 56Ni synthesized in GRB 010921 is less than 0.7M⊙/(2.512
1.34)∼0.2M⊙, which
can be naturally explained by Models Sa and Aa. We want to emphasize that the amount
of 56Ni in the ejecta can be small even if the total explosion energy is much larger than that
of the normal collapse-driven supernova, as long as the energy deposition rate is relatively
low. We insist that observations like GRB 010921 can be naturally explained in the context
of the type I collapsar model.
Second, we discuss the features of line emission in some X-ray afterglows. As stated
in section 1, strong iron Kα emission lines are found in X-ray afterglows (Piro et al. 1998;
Piro et al. 2000; Antonelli et al. 2000; Yoshida et al. 2001). There is also a report of emis-
sion lines of Mg, Si, S, Ar, and Ca with an outflow velocity of order 0.1c in the X-ray
afterglow of GRB 011211 (Reeves et al. 2002). According to Reeves et al. (2002), the rel-
ative abundance of the light metals (Mg, Si, S, Ar, Ca) was found to be ∼ 9 times the
solar value, whereas the relative abundance of iron was found to be ≤ 1.4 times the solar
value. Although the mechanism of such emission lines is still controversial (Paczyn´ski 1998;
Lazzati et al. 1999; Rees & Me´sza´ros; Vietri et al. 2001; Kotake & Nagataki 2001; Kosenko et al. 2002),
we want to point out that the chemical composition in the X-ray afterglow may be naturally
explained if the effects of the energy deposition rate are taken into account, as shown in this
study. Here the origin of the emission lines is assumed to be the ejecta from the underlying
SN (HN). One may think that the relative abundance of iron becomes small when the effect
of fallback is taken into account. However, if the jetlike explosion occurs to generate a GRB,
iron elements are synthesized around the jet axis as shown in Fig. 11. In this case, it will be
hard to consider that the relative abundance of iron becomes small due to the effects of the
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fallback. According to Reeves et al. (2002), the velocity of the outflow which emits the lines
of heavy elements is of order 0.1c, which is about ten times faster than the velocity of the
ejecta in the normal collapse-driven supernova (Nagataki et al. 1998; Nagataki 2000). The
required kinetic energy is easily estimated as
Ekin = 9× 1051
(
M
1M⊙
)( v
0.1c
)2
erg, (6)
which means that the underlying SN is a hypernova. We emphasize again that the abundance
of the elements with intermediate mass number such as Si and S becomes greater than
that of iron even if a hypernova explosion is adopted as long as the timescale of the energy
deposition is long. If this discussion is true, there should be correlation between the chemical
composition of the ejecta and the timescale of the energy deposition. This should mean that
there should be correlation between the line features in the X-ray afterglow and the duration
of the GRB. If the emission lines are mainly composed of light elements such as Si and S,
the duration of the GRB should be relatively long and vice versa. In fact, it is reported that
the duration of GRB 011211 is 270 seconds, making it the longest burst ever observed by
Beppo-SAX (Reeves et al. 2002). Although the interpretation of the line feature of X-ray
afterglow of GRB 011211 seems to be still controversial (Rutledge & Sako 2002), we hope
the increase of observations in near future.
Third, we consider that the observations of SN 1998bw can be well explained by Models
Sb and/or Ab, but not by Models Sa and Aa. This means that the energy deposition
timescale should be relatively short (≪ 10 sec) in order to explain the luminosity of SN
1998bw by the type I collapsar model. One may think that the amounts of 56Ni produced
in Models Sb and Ab (0.14M⊙ and 0.16M⊙, respectively) are still less than the observed
value (∼ 0.7M⊙; Iwamoto et al. 1998). However, the total explosion energy is assumed to
be ∼ 3 × 1052 ergs in Iwamoto et al. (1998) while it is decreased to 1052 ergs in this study.
Thus, we consider that the observed amount can be explained with no problem when the
total explosion energy is set to be ∼ 3 × 1052 ergs in Models Sb and/or Ab. If we believe
the conclusion derived by Maeda et al. (2002) that the line features in SN 1998bw can be
well reproduced by the jet-induced explosion model, Model Ab seems to be the best one.
However, we argue below that it seems to be difficult even for the models Sb and Ab to
generate a GRB. At present, we are led to the conclusion that there seems to be no model
to generate a GRB associated with a hypernova synthesizing much iron.
Now we discuss whether the results obtained in this study can constrain the model of
the central engine of a hypernova accompanied by a GRB. According to the scenario of
the type I collapsar model, the explosion energy larger than that of the normal collapse-
driven supernova may be given by the pair annihilation of neutrinos from the accretion
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disk around the central black hole. It takes about several seconds from the beginning of
the core collapse to form an accretion disk. In the meantime, the matter around the po-
lar region falls directly into the central black hole. This is because the matter around the
polar region possess smaller angular momentum. As a result, the polar region may become
an adequate environment for generating a fireball. The timescale to form a fireball is de-
termined by the timescale of neutrino emission from the accretion disk, which is about 10
seconds (MacFadyen & Woosley 1999). Although we pointed out in this study that the type
I collapsar model can naturally explain the observations of GRB 010921 and GRB 011211 in
which little amount of iron is required, this scenario may face difficulty in producing a large
amount of 56Ni required in SN 1998bw, since the energy deposition rate is too low. If the
energy deposition timescale is forced to be shorter (≪ 10 sec), it seems to become doubtful
whether a GRB can be really generated, as explained below. To make the energy deposi-
tion rate greater means the larger the mass accretion rate. This corresponds to the case in
which the total angular momentum in the central region of the progenitor is small. Then,
it is doubted that whether an asymmetric explosion occurs and an adequate environment
for generating a fireball is achieved around the polar region. That is, we suspect that the
density around the polar region can not become low enough to realize a fireball when the
mass accretion around the equatorial plane is large. This is because there is little time for
the mass around the polar region to fall into the black hole before the explosion due to the
pair annihilation of neutrinos occurs.
Let us investigate the above discussion quantitatively. Popham et al. (1999) proposed an
accretion-disk model including the effect of general relativity as a collapsar model (Popham et al. 1999).
This model and the numerically computed collapsar model (MacFadyen & Woosley 1999) are
reproduced well by the analytical model of the accretion disk by Nagataki et al. (2002). The
density, the temperature and the disk thickness are fitted as follows (see Nagataki et al. 2002
for details).
ρ
[
g cm−3
]
= 8.23× 108
(
M
3M⊙
)−1.7(
M˙
0.1M⊙s−1
)1.03
1(
r
rs
)1.07(
1 +
(
r
rs
))0.76 , (7)
T [MeV] = 2.3×
(
M
3M⊙
)−0.2(
M˙
0.1M⊙s−1
)0.108
1(
r
rs
)0.425(
1 +
(
r
rs
))0.21 , (8)
H [cm] = 5.8× 106
(
M
3M⊙
)0.9(
M˙
0.1M⊙s−1
)−0.0183
1(
r
rs
)−1.66(
1 +
(
r
rs
))0.3867 , (9)
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where M is the mass of the central black hole, r is the radial coordinate, and rs (= 10
7cm) is
the core radius, respectively. Note that the Schwarzschild radius is ≃ 8.862km(M/3M⊙). We
see from Eq. (8) that as the mass of the central black hole grows, the temperature becomes
lower, and the flux of neutrinos decreases. In Fig. 12, we show the duration of neutrino
emission. This (almost) corresponds to the timescale in which the temperature at the in-
nermost region of the accretion disk becomes lower than ∼ 1 MeV. This will approximately
reflect the timescale of GRB. In this figure the initial mass of the central black hole was set
to be 3M⊙. The time when the temperature of the inner-most region of the accretion disk
becomes lower than 1 MeV almost corresponds to the time when the mass of the black hole
becomes ∼ 4M⊙. From this figure, we find that the mass accretion rate has to be larger than
several M⊙ s
−1 so that the energy deposition timescale is shorter than 1 second. This mass
accretion timescale is shorter than that presented in MacFadyen and Woosley (1999). On
the other hand, if the mass accretion is so rapid, there will be no time to make an adequate
environment to produce a fireball around the polar region as mentioned above. Of course,
we can not conclude that the type I collapsar model is ruled out by the discussion of the
explosive nucleosynthesis as a model of hypernova associated with GRB. We guess that there
will be some ways to solve the difficulty presented in this study. However, we believe that it
is very important to point out that the central engine of a GRB accompanied by SN (HN)
explosion can be constrained by the discussion of the explosive nucleosynthesis. At present,
we have to say that the Type I collapsar model is required to be improved so as to explain
the observed luminosity in SN 1998bw. It is noted that MacFadyen and Woosley (1999)
pointed out the possibility that a substantial amount of 56Ni is produced in the accretion
disk and a part of it is conveyed outwards by the viscosity-driven wind (see their figure 16;
see also (Pruet et al. 2003)). Their scenario will be important and it should be investigated
whether the behavior of the light curve and the line features of iron and oxygen can be
explained in such a framework as well as the jetlike explosion model (Maeda et al. 2002). In
the study of Maeda et al. (2002), the narrow line of oxygen and broad lines of iron can be
explained when a jet-induced explosion is assumed.
We consider that the variation of the energy deposition rate is naturally caused by the
variation of the progenitor’s initial angular momentum. Thus it may be still too early to
consider that a GRB is always accompanied by a hypernova that generates a large amount
of iron elements. This is what we want to stress in this paper and we expect the increase of
observations in near future.
As mentioned in section 1, the accretion disk around the central black hole may be
the site of 56Ni synthesis (Pruet et al. 2003). This scenario is widly supported to be most
promising, although the quantitative evaluation of the yield is remaining to be done. If
true, there may not be any correlation between the duration of GRB and the amount of
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synthesized 56Ni (the collapsar without the disk wind may make too little 56Ni in any case).
Thus it might be possible to distinguish two scenarios by future observations.
In this study, we used the nuclear reaction network which contains 250 species (see
table 2). Thus we could not discuss the nucleosynthesis of heavier elements such as in
the r-process nucleosynthesis. We consider that the polar region within the jet may be
an adequate site for r-process nucleosynthesis (MacFadyen & Woosley 1999; Nagataki 2000;
Nagataki 2001). We are planning in near future to perform the calculation of r-process
nucleosynthesis in the context of jetlike explosion presented in this study.
In this study, we modeled the jet launched by the neutrino heating and a large open-
ing angle of the jet was necessary for the jet to produce a large enough amount of 56Ni
to explain the luminosity of the hypernova such as SN 1998bw. As stated in section 1,
such a wide jet will not make a GRB because a bulk Lorentz factor can not be sufficiently
large to realize a fireball. Therefore, to realize a GRB in our scenario, another narrow jet
might be needed supposedly launched by MHD effect. If the jet is launched by the MHD
effect (Blandford & Znajek 1977), a considerable fraction of the explosion energy should be
in the form of kinetic energy and/or magnetic field energy (Zhang et al. 2003). As a result
the temperature should be lower compared with the neutrino heating model until the re-
verse shock converts the kinetic energy into the thermal energy (Zhang et al. 2003). Thus
the explosive nucleosynthesis will be unlikely to occur in this scenario unless the reverse
shock propagates inwards immediately and makes the temperature high enough to cause the
explosive nucleosynthesis.
We made in this study an asymmetric initial progenitor model by a simple prescriptism.
This treatment should be, of course, improved. We are planning to perform numerical cal-
culations of core collapse in a massive star that leads to a black hole formation including
the effects of gravity, rotation and neutrino transfer (Yamada & Sato 1994; Yamada 1997;
Kotake et al. 2003). We will then investigate in detail the dependence of explosive nucle-
osynthesis on the density structure at the time of the jet launch as a function of initial
angular momentum in a progenitor based on their results in the near future.
5. Conclusion
We have performed numerical calculations of explosive nucleosynthesis in the context of
the collapsar model using 2D relativistic hydrodynamical simulations. We have investigated
the influence of the structure of the progenitor and energy deposition rate on the explosive
nucleosynthesis, assuming that 56Ni is mainly synthesized in the jet. We have shown the
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amount of 56Ni is very sensitive to the energy deposition rate rather than the structure
of the progenitor. We conclude that it is quite natural to detect no underlying SN in some
cases, such as GRB 010921. We have pointed out that the relative abundance of the elements
with intermediate mass number such as Si and S in the X-ray afterglow of GRB 011211 is
naturally explained if the energy deposition rate at the central engine is relatively small.
We also predicted that there should be correlation between the line features in the X-ray
afterglow and the duration of the GRB. Interestingly, the duration of GRB 011211 is 270
seconds, the longest burst ever observed by Beppo-SAX although it suffers from the effect
of red-shift (zhost = 2.14). Our results also imply that the type I collapsar model in which
the energy deposition rate is relatively low (E˙ ∼ 1051 erg s−1) as shown in MacFadyen
and Woosley (1999), may have difficulty in reproducing the observed amount of 56Ni in SN
1998bw. This means that the mechanism of the central engine of hypernova and GRB is
constrained by the discussion of explosive nucleosynthesis. We hope that the increase of
observations will lead to the improvement of theories on GRB in near future.
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Fig. 1.— Initial density contour for the spherical model. The free-fall time is determined so
that the mass of the central bleck hole becomes 3M⊙.
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Fig. 2.— Same as Fig.1 but for the asymmetric model and only the northern heimsphere
is shown. The asymmetric model is made by allowing only the radial infall and assuming
that the infall timescale depends on the zenith angle. The infall time is determined so that
the central mass of the black hole becomes 3M⊙ and the density structure resembles to the
result of MacFadyen and Woosley (1999).
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Fig. 3.— Upper: free-fall timescale as a function of the mass coordinate. Lower: mass
accretion rate in the case of free-fall.
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Fig. 4.— Contours of temperature at t = 1.0 sec. Left pannel corresponds to Model Sa and
right pannel corresponds to Model Sb.
Fig. 5.— Same as Fig.4, but for t = 3.0 sec.
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Fig. 6.— Same as Fig.4, but for t = 5.0 sec.
Fig. 7.— Contours of temperature at t = 1.0 sec. Left pannel corresponds to Model Aa and
right pannel corresponds to Model Ab. Only the northern heimsphere is shown.
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Fig. 8.— Same as Fig.7, but for t = 3.0 sec.
Fig. 9.— Same as Fig.7, but for t = 5.0 sec.
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Fig. 10.— Positions of the test particles at t = 0 sec that meet the condition that the mass
fraction of 56Ni becomes greater than 0.3. Left pannel corresponds to Model Sa whereas
right pannel corresponds to Model Sb.
Fig. 11.— Same with Fig.10 but for the asymmetric models. Left pannel corresponds to
Model Aa whereas right pannel corresponds to Model Ab.
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Fig. 12.— Duration of the neutrino emission from a collapsar as function of the mass-
accretion rate. The initial mass of the central black hole is set to be 3M⊙.
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E˙ Etot
Model progenitor [erg s−1] [erg]
Sa spherical 1051 1052
Sb spherical ∞ 1052
Aa asymmetric 1051 1052
Ab asymmetric ∞ 1052
Table 1: Models, structure of the progenitor, thermal energy deposition rate (erg s−1), and
total explosion energy. See detail in section 2.1.2.
Element Amin Amax Element Amin Amax Element Amin Amax
N 1 1 Al 24 30 V 44 54
H 1 1 Si 26 33 Cr 46 55
He 4 4 P 28 36 Mn 48 58
C 11 14 S 31 37 Fe 52 61
N 12 15 Cl 32 40 Co 54 64
O 14 19 Ar 35 45 Ni 56 65
F 17 22 K 36 48 Cu 58 68
Ne 18 23 Ca 39 49 Zn 60 71
Na 20 26 Sc 40 51 Ga 62 73
Mg 22 27 Ti 42 52 Ge 64 74
Table 2: Nuclear Reaction Network Employed
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Element Model Sa Model Sb Model Aa Model Ab
O 9.3E+0 8.8E+0 9.1E+0 8.5E+0
Mg 5.4E-1 5.0E-1 5.3E-1 4.9E-1
Si 2.4E-1 3.8E-1 2.4E-1 3.1E-1
S 3.3E-2 1.2E-1 3.4E-2 9.0E-2
Ar 6.6E-3 2.4E-2 7.7E-3 1.8E-2
Ca 4.5E-3 1.9E-2 5.6E-3 1.7E-2
Ti 1.2E-5 9.4E-4 8.3E-6 1.0E-3
Fe 1.4E-2 3.1E-1 8.0E-2 3.7E-1
56Ni 6.1E-3 1.4E-1 2.7E-2 1.6E-1
Table 3: Abundance of heavy elements in the ejecta for each model in units of M⊙. All
unstable nuclei produced in the ejecta are assumed to decay to the corresponding stable
nuclei. The amount of 56Ni is also shown in the last row.
